In this paper we prove a type and refinement of Selberg type inequalities in Hilbert C * -modules. Some applications for improving the Cauchy-Schwartz, the Bessel, the Bombiari and The Boas -Bellman type inequality resulte are given.
Introduction
The Selberg inequality. Let y 1 , . . . , y n , be nonzero vectors in a Hilbert space X with inner product , . Then, for all x ∈ X , In [7] , the Selberg inequality is refined as follows: If y, y i = 0 for given {y i } , then
holds for all x in X. It might be useful to observe that, out of (1), one may get the following inequality 1. For n = 1 and y = y 1 the Cauchy-Schwarz inequality
2. For y 1 , . . . , y n , be orthonormal sequence of vectors , the Bessel inequality
3. The Bombieri inequality
4. The Boas -Bellman type inequality in [2] 
The goal of this paper is to show some related as well as a extension of the Selberg inequality to Hilbert C * -module. We can obtain various particular inequalities in Hilbert C * -module.
Preliminaries in Hilbert C * -modules
In this section we briefly recall the definitions and examples of Hilbert C * -modules. For information about Hilbert C * -module, we refer to ( [4, 5, 9] The following lemma is useful to prove this Selberg inequality. 
Lemma 2.2. (see [3]) Let
A be a C * −alegebra a, b, c ∈ A . Then a * cb + b * c * a ≤ c |a| 2 + |b| 2 .(7)
MAIN RESULT
Proof.
By lemma (2.2) we have
We choose
y j , y k we get by using (9)
Which complet the proof 
Proof. We put
We have from proof of theorem (3.1)
Hence it follows that
By using the Cauchy Shwartz inequality we have
But y, y j = 0 so
It follows that
Which completes the proof of Theorem . 
Proof. Clearly n k=1 y j , y k = 1. Thus the result follows immediately from inequality (8) .
Proof. We observe that
We also have
Then by using theorem (3.1) we get Then by using the Selberg inequality (8) we get the result .
